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P. L. Duren [1] has derived the following inequalities for Jacobi elliptic
functions:
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In a note by S. Fempl [2] the following inequalities appear:
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It is not explicitly stated for what values of u these inequalities hold. It may
be seen that these are O~u~K for (3) and (4), and O<u~K, 2 K- u(2 K- u»O
for (5). The inequalities (3), (4), (5) have been obtained from (1) and (2).

We shall show that inequalities (3) and (5) are simple consequences of
the well known inequality
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inequality in (6) is sharper than (5) since
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for all u satisfying O<u~K, 2K-u(2K-u»0.
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Putting K - Ii instead of u in (6), we obtain
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which implies
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The second inequality in (7) is sharper than (3) since
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It may be shown that
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if k ~ '/T - 1R:iO,25. For small values of k these functions are not comparable

on the interval O::(u::(K. Hence, if ~;-l::(k::(l the first inequality in (8)

is sharper than (4).
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